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KPECT OBEPBEKA

Hean padoTbl. llenbio pabGoThl SBISETCA ONpeeeHHe MOMEHTa
uHepuu kpecta OOepOexa MpH pa3IMYHBIX MapamMeTpax IKCIEPUMEHTAILHOM
YCTAaHOBKH, a TAK)KE MPOBEPKA CIEACTBUS U3 YPABHEHHUSI MOMEHTOB U TEOPEMBI O
napasuiesibHbIX ocax (TeopeMsl ['toiirenca-IlIteiinepa). B nponecce moaAroToBKu
¥ BBINIOJHEHHUS 3aJa4l HEOOXOAMMO H3YYUTh MEXAHHYECKYI0 CHCTEMY C
kpectoM OOepOeka, a TakkKe OCBOUTh TEOPETHUECKHE IMOHSATHS U BOIMPOCHI,
CBS3aHHBIE C BpPAIATEIbHBIM JIBH)KEHHEM TBEPAOro Tejla (MOMEHT WHEPIIHH,
TeopeMa O MapalIeJbHBIX OCSX, OCHOBHOE YpPaBHEHHE JUHAMUKH
BpalIaTeIbHOTO JBUKEHUS TBEPAOTO TEJA - YPaBHEHHE MOMEHTOB).
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OIIMCAHUE YCTAHOBKH

Veranoska "Kpecm Obepbexa™ npencrasnena Ha puc. 1.
DIleMEHTHl YCTAaHOBKH pa3MEIleHbl Ha KpOHwmenHax 1, 2, 3, xoropbie

3aKPEIUIIOTCIHABEPMUKANLHOU CMOUKe 4 TIpY TIOMOIIM BUHTOB-0APAIIKOB.
BeprtukanbHascToiika 4 BBINOJHEHA W3 METAIMYECKOW TPyObl, HA KOTOPYIO
HaHECeHa MUJUTMMETpoBas Imkana. CTolka ®ECTKO 3aKperyieHa B OCHOBAHUU 9,
CHa0XEHHOM TpEMsI PETYIUPYEMBIMU OTIOpaMu 6.

OcHoBHO# dacThiO Kpecta O0epOeka, pa3MEIEHHOTO Ha KPOHIITEHHE 2,
SBIISIETCS. KPECMOBUHA, TIPEACTaBIAIONIas COO0OM YeThIpe OJUHAKOBBIX
B3aMMHO TEPIEHANKYSPHBIX CTEpXKHS 7, 3aKpeIUIEHHBIX B BAIuUKe 8.

KpecroBuna BMecTe ¢ 08yxcmyneHuamoim wkusom 9 (¢ paguycamu Ry u Ry,
R, > R;) MoxeT cBOOOAHO BpamaThcsi BOKpYr ocu A 10, nepreHauKysipHON
IUIOCKOCTH pPHUCYHKa M mapawiensHoi ocu OZ cuctembl koopauHat 11.
CB0oOOHOE BpalleHHE C MajblM TPEHUEM OOECHeuMBaeTCs TEM, 4TO OChb A
KPECTOBUHBI HAXOAWUTCS B y3Jie MOAIIMITHUKOB (Ha puc. 1 He mokasaH). Ha
KQKIOM CTEP)KHE 7 NPHY IOMOINM BHUHTOB 12 3aKperusercs MOOBUMNCHbBLUL

yununop 13. Jlns npoBeneHus M3MeEpPEeHHH HE0OXOAMMO, YTOOBI BCE YETHIPE
muuHaApa (13), 3akperiéHHBIC HA CTEPXKHAX, HAXOAWIMCH HAa OJMHAKOBOM
paccTosiHUM OT ocu A. [Ins ymoOcTBa Ha CTEpXKHAX 4Yepe3 Kaxzable [ cm
HAHECEHBl PUCKU. TakuM 00pa3oM, YCTPOWCTBO KPECTOBHMHBI MO3BOJISIET JIETKO
U3MEHATH PACCTOSIHUE OT BCEX YETHIPEX MUIMHAPOB 13 mo ocu Bpamienus 4, u,
KaK CJIEJICTBUE, MEHATh MOMEHT MHEpIUHU Bcero kpecta OOepOeka. 31ech U B
nanpHeieM moa kpecrom Ob0epOeka OyseM MOHMMATh COBOKYIMHOCTh YacTel
YCTaHOBKHU, KOTOPHIE BMECTE COBEPINAIOT BpaIaTEIbHOE ABMKCHHE BOKPYT OCH
A - KpEeCTOBHMHBI C IWJIMHAPAMH, JABYXCTYIMEHYATOTO IIKKWBA, BAJIHKA C OCHIO
MOIIUITHUKA.

Ha xaxnoi1 cTyneHu mkuBa 9 cnenan 3y0ell i 3aKperyieHus OJTHOTO U3
KOHIIOB HUTH 14, KOTOPYIO MOKHO CUMTATh HEBECOMOM M HepacTsKkumon. Huthb
HaMaThIBACTCs HA IIKMB M HPOXOIUT Yepe3 BEPXHULU BCHOMO2AMETbHbIU
o0k 15, npennasHaueHHBIM IS M3MEHEHMs HANPABICHUS BYDKEHUS HUTH.

Biok 15 umeer 3HaunTensHo MeHbIIYIO Maccy, 4eM macca kpecta O6epOeka, u
OTOMY MaJIO BIIMSIET Ha BpalleHue kpecta. Ko BTOpoMy KOHILy HUTH KpPEIUTCS
HabopHwil 2py3 16. Maccy nabopuoro rpysa 16 mMoxHo MeHsTH B npenenax
50 - 150 2. I'py3 16 MOXHO TOAHATH HA HEKOTOPYIO BHICOTY, €CIIM HAMOTATh
YacTh HUTHU Ha IIKWUB. JIJIsI 3TOr0 KpEeCTOBHMHY HAJO BpamiaTh MPOTHB YACOBOM
ctpenku. Ecnu mocne moabéma rpy3a kpect OOepOeka 0CBOOOIUTH OT
BHEIIIHETO BO3JEUCTBUA, TO OH HAYHET BpaAIIAThCA MO YaCOBOM CTPEIKE C
VIJIOBBIM YCKOpPEHHUEM, HampaBieHHbIM 1o ocu OZ, "ot uurtarens". HabopHbrit
rpy3 OyJleT ABUraThCsl C YCKOpEHHEM BHU3, B HanpasieHuu ocu OY.

JUls yKasaHus HavalbHOIO IOJIOKEHHs IPy3a UCHONB3YyeTcs (Dadcox

17, nanetelii Ha BepTUKAIBbHYIO CTONKY. Daxok 17 MOXKHO nepeMeIars Baojb



croiiku. KoHeuHoe mookeHWE Tpy3a  (PUKCHPYETCS €  MOMOIIBIO
gomooamuuka, ontuyeckas ocb 18 KoTOporo wuso0pakeHa IITPUX-

IYHKTUPHOM JIMHUEH W HampasiieHa BI0Jb ocu OX cucTembl koopaunar 11.
BpeMms nBmkeHHs rpy3a OT HayaJdbHOTO TOJIOKEHHSI K KOHEUHOMY U3MEpAETCS

9NIeKMPOHHBIM — ceKyHOOMepom 19, coenuHéHHbIM  2IeKmMpPUYecKuUMU
kabensimu 20 u 21 ¢ poromatuukom U INEKMPOMACHUMHBIM MOPMO30M

(3/M) cOOTBETCTBEHHO. D/M TOPMO3 HAXOAUTCS 3a JABYXCTYIEHYATHIM HIKUBOM K
Ha puc. 1 He nmokazaH. OH npenHa3HaueH s Qukcanuu kpecra OdepOeka B
HEIMOJBM)KHOM COCTOSIHUM B Haydajleé 3KCHEPUMEHTA, BbLAAYU JJIEKTPUYECKOrO
CUTHAJIa Hayaja OTCUYETa BPEMEHU W TOPMOKEHHS BPAIICHHUS CUCTEMBI BOKPYT
ocu A moclie 3aBeplieHUs OTcu€ra BpeMeHH. OTCUET BpEMEHM JBUKEHUS
HaOOpHOTO TIpy3a EKTPOHHBIM CEKYHIOMEpPOM 3aBEepLIAeTCs aBTOMATUYECKU

IIpH IIEPECEUEHUHU IPY30M ONTUYECKOM ocu poTogarunka 18.

TEOPETHYECKASA YACTDb
BbiB0oa pacyeTHbIX (popMyJT

1. ®opmy.a Ajs1 pacuéTa MOMEHTA HHEPUMH KpecTa

O0epOeka ¢ MCOJIB30BAHNEM IKCIIEPUMEHTAJIBHBIX JAHHBIX
dopmyiy aiisi MOMEHTa uHepuuu kpecta ObepOeka MOKHO MOIYYUTh U3

CHCTEMBI TPEX

YPAaBHEHHUI:

a) ypaBHEHUS

MOCTYyNaTEILHOTO
TIBYKEHUS rpy3a
(BTOpOM 3aKOH
HrroTona),

b)  ypaBHeHus
MOMEHTOB VTSI

BpaIaTeIbHOTO
JIBKEHUS KpecTa
O6GepbOeka,

C) dbopmyIbl
KUHEMATUYECKOU CBS3U
MEXY JIMHEUHBIM
YCKOPEHUEM TIpy3a H
VTJIOBBIM ~ YCKOPEHHEM
mg kpecta O6epbOeka. s
Y HarJIAIHOCTH CHIIBI,

JNEUCTBYIOIINE Ha
JIBYKYTIIAECS Tena
YCTaHOBKH,
MPEICTABIICHBI TaKXKe

Puc. 2



Ha puc. 2.
a). YpaBHeHHe NMOCTYNATEJILHOr0 ABHKEHHsI rpy3a. Ha rpys
16, Bucsmmii Ha HUTH, JEHCTBYIOT ABE CHWJbL cuia Tsokectd M u cuia

HaTSDKCHHMsT HUTH 1,. 3amuimem BTOpOil 3akoH HploTOHa 1UIs 3TOro rpysa B
BEKTOPHOI opme:

ma=mg+T,, (1)

rae M- Macca rpys3a, d - ero yCKOpeHue, g - yCKOpEeHUue CBOOOTHOrO Ma/ICHUS.
B mpoekuuu Ha ock OY ypaBuenue (1) umeer BuI:

ma, =mg—T,. (2)

0). YpaBHeHHMe MOMEHTOB. B mpaBoii yacTu ypaBHEHHS MOMEHTOB
s kpecta OGepGeka (1= M.,) Gurypupyior MOMEHTBI OTHOCHTEIBHO
i

ocu BpaieHus A, napamiensHoit ocu OZ, Bcex cuil, JEHCTBYIOIIUX HA KPECT.

HaHOMHHM, 9TO0O MOMCHTOM CHIJIBI F OTHOCHUTCJIBHO HGKOTOpOﬁ ocu 0OZ

HaswiBaercs Bektop M , = [F’l, F L], rae T - Bextop, npoBeaéuusli oT ocu OZ

—

MePIICHINKYIAPHO K HEll B TOYKY NPHJIOXKEHHsI CHibl, F, - cocrasmsromiast

—

cunel F, nexamas B rockoctu, nepneHmukyispHoi ocu OZ. Monynb

MOMEHTA CHUIIbI PaBEH ‘l\/l =T F sina (a -- yron mexny Bektopamu T, u

Ifl ), @ HampaBJICH OH, COTJIACHO MpaBWiIy OypaBumnka, BIoib ocu OZ B Ty Win
WHYIO CTOPOHY.

U3 puc. 2 BUIHO, YTO MOMEHTHI CHIT TskecTH MJ ¥ peakiuu orops N,
Ha KOTOpYyH0 HacaxkeH kpect OOepOeka, paBHbI HyJt0. I CHJIBI TSHKECTH
=0, a B ciiywae cuist N a=0 (KaK MOKa3aHO B MPAaBOM 4YaCTH puc. 2).

Cunamn TPpCHUA B IIOAIIMIIHUKAX MW COIIPOTHUBJICHHUCM BO3AYyXa MBI
npeHe6peraeM, IIO3TOMY OTJIMYHBIM OT HYJIA OCTA€TCS TOJIBKO MOMEHT CHJIBI

=RT,

(TOCKOJIBKY ‘m =R, asina = 1, tak kak « = 90°) u Hanpasien no ocu OZ,

—

HATSDKCHUS HHTH |, M, = FL’TZ]- OH wuMeeT MOIYIb ‘MZ

TaK 4TO €ro MpoeKIus Ha och BpamieHus: OZ
M, =RT,. 3)

Takum o0pa3om, ypaBHEHHE MOMEHTOB i kKpecta OOepOeka B BEKTOPHOM
dbopme uMeeT BUI:



15=F.T,] @)

a B IIPOEKLUH Ha och BpaueHus OZ
|8, =RT,. (5)

B stux popmyiax | -- moment unepuun kpecra O6epbeka, R - paguyc mikusa,

Ha KOTOpBIH HamoTaHa HHUTh, [ u [3, - yIIOBOe yCKOpEHHE Kpecta H,

COOTBETCTBEHHO, €ro MpoeKIus Ha och OZ.

AHaJOTHYHBIC PACCYXKICHHSI TPUBOAIT K YPaBHEHUIO MOMEHTOB IS
BEPXHETO BCIIOMOTaTelbHOTO OJ0Ka B TMPOEKIMH Ha €ro OCh BpalleHWS,
napajenbHyto ocu OZ:

Irﬂrz = r-Tlr - rTZr’ (6)

rae |y -- MomeHT mHepuum BepxHero Gnoka, - ero pamuyc, [;; - Ipoekius
VIJIOBOTO YCKOpEeHHUs OJIoOKa Ha OCh BpalleHus. 3HaK "MUHYC" y IPOEKIUU

MOMEHTA CHJIBl HAaTSDKCHHSI |, OOYCIOBJICH TEM, YTO 3TOT MOMEHT CHIIBI
Harpasied npotus ocu OZ. MomenT unepuuu 6noka |, macronsko man, uto,
KaK II0Ka3blBAaeT OLEHKA, B IpeJeliaX TOYHOCTH OIBITA MOXHO CYMTaTh
|.3.,=0. B srom npubmmxennn u3 (6) cinemyer, uro T,, =T, . B cBoro
ouepens, I, =T, u T, =T, , Tak KaK CUJIbI HATSDKEHHS] HA CBOOOTHOM Y4acTKe

HUTH (MEXIy €€ KOHTaKTaMH C JPYTUMHU TellaMHU) OJIMHAKOBBI B CHILY
HEBECOMOCTH HUTHU. Takum o0pa3om, Bce CUITbI HATSKEHUS, 3a/IeCTBOBAHHbBIC B

HCIIOJIb3YEMBIX YPABHEHHAX, UMEIOT OJMHAKOBYIO BEJUYUHY | :
T,=T,=T, =T,=T. (7)

B). CBSI3b MKy IMHEHUHBIM U YIJIOBBIM YCKOPECHUSMH
(kuHeMaTH4YecKasi CBSI3b)
Hanaém cBsi3b MEXIy MPOCKIHSIMHU JMHECHHOTO YCKOPEHHs Ipy3a dy U

YIJI0BOTO yckopeHust kpecta O6epbeka [, HamoMHUM, YTO COMIIACHO
ONPEICJICHUIO YIJIOBBIX CKOPOCTH U YCKOPEHUS UX MPOEKIIMHU HA OCh BPAIllCHUS

d
w, n ,BZ ONpEaCIIAIOTCA (I)opMynaMH: @, :d—gto u IBZ = d;:z

MPEAIOAaraeTcsi, 4TO IOJIOKUTEIBHOE HAIpPaBIECHUE OTCUETa  YIIIOBOU

[Ipu sToMm

KOOpAMHATBI () CBSI3aHO C HampaBieHWeM ocu BpauieHus OZ mnpaBuiom
"OypaBuuka" (ykazaHo ctpenkoi ¢ "omepeHueM" Ha puc. 3). [IockoibKy HUTh



HEpacTsHKUMa M HE MPOCKAIb3bIBAET MO MIKWBY, NPU MajioMm cmemnienun AY
rpy3a Takod ke mytb AS mo ayre pamuyca R cosepmmt mobas Touka B
noBepxHocty mkusa (puc. 3): Ay = AS. U3 onpenenenns yria B paguanax Ag

= AS/R, tax uTo

Ay =RAg. (8)
PasznenuB 06e yactu pasencrsa (8) na At u nepexons x npexeny npu At — 0,
dy _,do dy do
noyanm: —— = R——, 1o ecTb ¢ yuérom Toro, uro V, = — u @, = ——,
T dt 7 Toodt dt
Vv, =Ra,. 9)
dv, do
Huddepenuupys mo Bpemern paBeHcTBO (9), ¢ yuéTom ’ =a, u dtz =/f,,

HaXOJUM UCKOMYIO CBA3b MCIKIY YCKOPCHUAMMU:

a, =Rp,. (10)

r). Pacuérnass ¢opmyna
JJISi MOMEHTA WHEPIHH

VYpaeuenus (2), (5) u (10)
¢ yuérom (7) marot cucremy TpEX

ypaBHEHUI INIE: TpEX
neusBecTHbIX Bemaud |, [ u T:
B(t+At)
I
A
VY ma=mg-T
z 15 =RT (11)
0 a=Rp
X
y (1718 KpaTKOCTM MHIAEKCHl Y
YCKOpeHHil onymeHsl: & = ay, [
Puc. 3 = f,). Hckmouas u3 5THX

ypaBHEHUI HeusBecTHbE [F U
T (mampumep, BBIpaXkast KX COOTBETCTBEHHO M3 BTOPOTO M TPETHETO YPaBHEHUI
B (11) u moacTaBisAs MOJyYEeHHBIC BHIPAKEHUS B IMIEPBOC YPABHEHHE), ITOJTYYHM
cieayoiyw GopMyity st MOMEHTa HHepIuHu kKpecta ObepOeka:



1 =mr2(¥—1). (12)
a

W3 sToit GpopMyIibl ciaeayeT, YTO YCKOpPEHUE rpy3a a MOCTOSHHO M €ro MOYHO

2
at
BBIPA3MTh 110 M3BeCTHOH (opmyrne N = 7 uyepe3 BpeMs JBMKeHus rpysa t u

2h

BbIcOTy N a_t—z. [MoncraBisas 310 BhIpaxkenue B (12), mnomxyunm

OKOHYATeNIbHYI0  (opMylly, KOTOpass  HUCIOJBb3yeTcs B  3ajade A
HKCIIEPUMEHTAJILHOTO OTPEIEICHUsI MOMEHTa UHepluu kpecta ObepOeka:

o ot?

2. ®opMyJia JJIl TEOPETHYECKOT0 pacyéTa MOMEHTAa HHEPUHUHU
kpecra O0epOeka

BBISCHUM, M3 KaKMX COCTAaBISIONIMX CKIAIBIBAECTCS MOMEHT uUHEpuuu |
kpecta O0epOeka. MOMEHT MHEPIUHU - BEJIMUMHA aJITUTUBHAS. DTO 3HAYUT, YTO
MOMEHT HMHEPIIMHA KaKOro-TM0O Tela paBeH CyMME MOMEHTOB WHEPIIUH BCEX

YacTel, U3 KOTOPBIX COCTOMT 3TO Teno. IIpeacraum Benmuuunny | B Buge cymmol
JBYyX BEJNMYMH: MOMeHTa MHepuuu lp Kpecta 0e3 MOABMIKHBIX LUIMHAPOB M
YETHIPEX OJMHAKOBBIX MOMEHTOB HMHepiMH |' MOABWKHBIX LMIMHIPOB
OTHOCHTEJILHO OCH BpaIlleHus KpecTa A:

I=I5 + 4I'. (14)

MoMeHT MHepuuM Kaxmoro nunusapa |' taxke mpemcraBuM B BHIE CyMMBI,
HCIIOJIb3YsI TEOPEMY O TapaJIeNIbHBIX Ocsx (Teopemy [toitrenca-1lITeitHepa):

1 1 2

|:|A+mcl. (15)
3nech: lp' - MOMEHT MHEpIMU TOABUKHOIO LMIMHApPA OTHOCUTENBLHO ocu A
(cm. (22) Ha puc. 1), mpoxojsiel yepes LEHTP Macc IUINHIpa U apauiebHOMU
ocu A, | - paccrosnue mexmy ocsmu A u A', Mc - macca muIMHApA.

[Moacrasnss cootnomenue (15) B (14), momydmm:

| =1, + 41" + 4me |2 (16)

10



MomeHT HHEPpIHH IA KpecCTa oe3 MUIMHAPOB pacCUYUTaeM KaK MOMCHT

HHCPLHNN LIGTI)I]:’)éX OANHAKOBBIX CTGp}KHeI‘/’I OTHOCHUTCIIbHO OCH A, HpOXOI[HHICﬁ
gCpe3 KOHCH KaXKA0I'0 CTCPIKHA:

Ameop

m,L?
T. (17)
3necs M. macca crepxkus, L - ero guuua (cm. Tabmumy 1). ®@opmyna (17) He
YUUTHIBACT MOMEHTOB HWHEPIMHM JBYXCTYIIEHYaTOTO0 IIKWBa W BajHKa
NOJIIIIUITHAKA, HO OHU 3HAYUTEILHO MEHBIIE MOMEHTA HWHEPIHHU YETHIPEX
CTEpKHEU.

Mowment unepuun |5 mummagpa otHocurensHo ocu A', mpoxopsmeit
yepe3 IMEHTp MacCc LWIMHApA TNEPHeHAUKYISIPHO €ro axkCHaJbHOM OcCH
cummeTpun X (puc. 4), pacCUUTBIBAETCS 1O (HOPMYIIE:

, 1 1
Ameop = Z mC Ré + E mC Lf: ! (18)

rae R - panuyc ocoBanus nunuuapa, L - anvua numanapa (em. Ta6mumy 1).
B cnpasemmuBoctd  popmyiibl (18) MOXHO yOEIUTHCS, MBICICHHO pa30uB
HUJIMHAP Ha MPSMOYTOJIbHBIC MapajuieJenune/ bl 06CKOHEYHO MaJION TOJIITUHBI
U TPOBEIS MHTETpUpOBaHME (MPU MOJATOTOBKE K 3a7ad€ BBIBOJAUTH (HOPMYITY
(18) He HyXHO).

Al

LC i

PII/IC. 4
B wutore, ¢ yuérom Boeipaxkenuit (17) u (18), Beipakenue (16) s

TEOPETUUYECKOro pacyéTa MOMEHTa uHepIiuu Kpecta ObOepOeka 3amuIiercs: B
BUJIC:

11



Imwzgnuf+nk&f+%nkgz+4md? (19)

3. CiieacTBHe U3 YpaBHEHUSI MOMEHTOB H TE€OPEMBbI 0
napajuteJbHbIX ocsx (Teopembl I'ioiirenca-IlITeitnepa)
[IycTh mpW BCEX MPOYMX OJMHAKOBBIX IMapaMeTpax YCTaHOBKH (IpH

3aJaHHBIX 3HAYEHUAX paauyca mkuBa R m Maccel rpyza M) paccrosuuio |
mexay ocsmu A m A' coorserctByer Bpemsi nBwkeHus rpys3a t. M3menum
paccrosnue |, 3akpenuB LMIMHAPEI B HOBOM IIOJIOKCHHM, Ha HECKOJBKO
CaHTUMETpOB Onmke k ocu A. IlycTh HOBOMY paccTosHMI0 Mexay ocamu |

COOTBETCTBYET BpeMs jBrkenns rpysa U'. [Toacrasum Beipakenue (16) mwis | B
JeBYyI0 YacTh paBeHcTBa (13) M 3amuiem ero /it AByX YKa3aHHBIX CITyYaeB:

2
(L

|, +41" +4m.1°* = mR?
A A C 2h ,

(20a)

|A+4|;\+4m0|’2=mR2 -1 _ (20b)

Berunras paBerctBo (20b) u3 (20a), natinem:

4mc(|2_|'2):%|:\)2(t2_t,2)- (21)

O603Ha4nM JIEBYIO yacTh paBeHcTBa (21) uepes |, a npasyro - uepes I
||_ = IE- (218.)

DuU3MYECKU CMBICH BEJIMYMHEI || - 3TO pa3sHOCTL MOMEHTOB MHEPLUHM KPECTa
OGepOeka C IMMIMHAPAME IPU Pa3INYHBIX PacCTOSHUAX Mexay ocsvu A u A,
BBIpQKEHHAsT C NPUMEHEHHEM TEOpeMbl O TapalUICNIbHBIX OCSIX, TO €CTh
Teoperndecku. DU3NUECKUI CMBICHT BenwdMHBI |g - 2TO Ta ke pasHOCTS,
BBHIDOKECHHAsI 4Yepe3 BpeMs JBWKEHUS Tpy3a, TO €CTh OmNpeneinéHHas u3
AKCIEPUMEHTANIbHBIX JTaHHBIX. [IpoBepka cooTHomeHus (21a) cocTaBisieT OHy
Y3 LEeJIer 3aa4u.
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IKCIHHEPUMEHTAJIBHAA YACTb

IHoaroroBka Kk M3MepeHUAM
Ilepen mpoBeneHreM U3MEpEeHU HEOOXOAMMO 3anmoiHUTh Tabmuiy 1 (kpome
ctpoku 10 g Yopaxkuenus 2). Tabnuna 1 cogepxut napaMmeTpsl, KOTOPbIE HE
MEHSAIOTCS B X0Jie dKcnepuMeHnTa. [IoAroToBka Kk M3MEepEeHUsIM BKIIIOYAET B ceOs
CJIEIYIOLIUE OTEePaLIUU.

1. VcraHOBMTH BepxHuii kpail duaxka Ha yposHe Ny = 9 = 12 cm mo
IIKaJle OTCYETa BepTUKAIbHOM CcTOMKH. 3anucaTh 3Hauenue Ny B Tabmumy 1.

2. 3adukcupoBaTh mMoNOXKeHWE KpoHmTeiHa (3) ¢ (doTomaTyukoM W
sanmMcaTh B Tabmuiy 1 3Hadenue Ny, cooTBeTCTByIOIIEE MHOJIOKEHHUIO
TOPU30HTAJIBLHOM MOBEPXHOCTU KPOHIITEIHA, HEMTOCPEICTBEHHO MPUMBIKAIOIICH
K BepTuKanbHoii croiike (No = 40 cm).

3. Paccumurars paccrosaue h = hy - hy + d, xoropoe 6yzner npoxoauts
rpys. Ilonpaska O oOycioBieHa TeM, 4YTO TOPH30HTANbHAS IIOBEPXHOCTh
KpoHIITeiHAa (3) pacroyioKeHa HECKOJIBKO  BBIIE  ONTHUYECKOH  OCHU
dboTomaTynka. JTa MOMpaBKa yKa3aHa B MPUIIOKEHHHM K YCTaHOBKE. 3arucathb

sgauenus d u h B Tabmuiy 1, u B jganbHeimeM CIEAUTh 33 TEM, UYTOOBI
sgauenus Ny u N, He MensuCE.

[TapameTpbl 3KCIEPUMEHTAIBHON YCTAHOBKH. Tabmuma 1.
No [Tapamerp 3HayeHue
1 [TonoxxeHue BepxHero kpas iaxka,
OTCUET IO LIKaJe CTOMKH hy, CM
2 [Tonoxxenue kpoumreiita (3),
OTCYET 110 MIKaJe CTOMKH hy, CM
3 [TonpaBka Ha CMEIIEHUE ocH
¢doromarunka d, cm
4 Paccrostaue h, mpoxoaumMoe rpy3om, cMm ...10.1
5 Macca m; HabopHOTO Tpy3a, T ...+x0.1
6 Macca m, HabopHoOTO Tpy3a, T ...101
7 Pannyc mkuBa Ry, Cm 20+0.1
8 Panuyc mkuBa R,, M 3.5+0.1
9 Paccrostaue | mexmy ocsmu A u A', cm 15.0+0.1
(nnst Yopaxxknenus 1)
10 Paccrosaue |I' Mexay ocsimu 4 u A', cm ...x01
(nn1s Yopaxknenus 2)
11 Pamnyc mununapa Re, M 3.0£0.1
12 JnuHa nunusapa Le, cm 2.0£0.1
13 Macca nunusapa Mg, T 114.0+5
14 JlnmuHa ctepxkHs L, cM 15.0+0.1
15 Macca ctepxHs my, T 23+t1
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4. MsmepeHus npoBOJATCS € ABYMs Ipy3aMu ¢ maccamu My u My,
M1 > My. BeiOpath KOMIOHEHTHl HAOOPHBIX TPy30B. MOKHO B3sITh, HAIIPUMED,
My = 70 2 u My = 50 2. Ha ka0l KOMIIOHEHTE TPy3a BLIOUTO 3HAUEHHE €€
Macchbl, HO JUIsi 00JIee TOYHOTO OIPEAEIIEHHUS] MacChl PEKOMEHYETCSI B3BECHUTD
Ipy3bl Ha JJIEKTPOHHBIX Becax. 3anucarh 3HaueHust My u My B Tabnuiy 1.
5.3aKpenuTh Ha KaXJAOM CTEp)KHE 7 MOABWXKHBIA LWiIMHAP 13 mnpu
OMOIIY BUHTOB 12. [{unvHApPHI B HAYaIbHOM MOJIOKEHUH JIOJKHBI HAXOIUThCA
Ha paccrosun | = 15 Cm or ocu A. OcHoBaHME KaXKIOTO LMIMHIpA,
oOpaiéHHoe K HEHTPY KPECTOBHHBI, JOJDKHO HaXOAUTHCA HAa OJHOM YPOBHE C
IIOCJIEAHEN PUCKON CTEPIKHS.

Ynpaxnenue 1
ONNPEJAEJTEHUE MOMEHTA UHEPIIUU KPECTA
OBEPBEKA

HN3mepenus

Jlia BeIUMCIEHHS MOMeEHTa uHepuuu kpecrta OOepOeka HCHIONb3yeTcs
dopmymna (13). M3mepsieTcst BpeMs mageHust rpy30B U B 4eThIPEX OAHOTHITHBIX
OMBITAaX C MOOYEPETHBIM MCIOJIB30BAHUEM JBYX I'Py30B ¢ MaccamMu My u My u
o6onx mxuBoB R Ry, kak onmcano amxke.

1.1. 3akpenuTh cBOOOJHBINA KOHEL HATH Ha 3yOIe mKkuBa Ry u Hamorarh
YacTh HUTH Ha MIKUB. BHumanue! 3pech u B JalbHEHIIEM CIIEAUTH 3a TEM,
yTOOBl BUTKM HHUTH HE HAMaThIBAIKCH JPYyr Ha JApyra, a JIOXKWINCh Ha
CBOOOJHYIO MOBEPXHOCTh LIKUBA. B MpPOTUBHOM ciyyae paauyc IIKUBa Oyner
yBEIMYMUBAThHCA. Tak Kak OH BXOJIUT B pacy€THbIE (POPMYJIIBI BO BTOPOM CTENEHH,
3TO MOXKET NPUBECTH K JOMOJIHUTEIbHBIM OTPEIIHOCTSIM.

1.2. TlepekuHyTb HHUTH 4Yepe3 BEPXHHU BCHOMOTATEIbHBIA OJOK,
NOJIBECUTH 32 KPIOYOK HAOOpHBIN Ipy3 Macchl M1, OMYCTUTh €r0 Ha MOJCTaBKY
23. IlomHAT, M OIYCTUTh TPy3 HECKOJIBKO pa3, Bpamias KpPECTOBUHY, H
yOeIUThCsl, YTO OH NEPECEKAET ONTUYECKYIO OCh (DOTOAATUMKA.

1.3. BKIIOUNTH CEKYHIOMEP BBIKJIIOUATENIEM, PACTIOJIOKEHHBIM Ha 3aHEH
naHena. OJHOBPEMEHHO C  CEKYHIOMEPOM  BKIIIOUUTCA 3/M  TOPMO3,
Gukcupyromuii  monoxkenue — Kpecra  OOepbexa.  Brumanue! s
IpEeIOTBPAlCHHs] MEpPEerpeBaHmsl KAaTyIIKH 3/M TOpMO3a BpeMsi HENpEpHIBHOM
paboTHI TOPMO3a He J0JKHO IpeBbimark 15 ¢. Ilepepsis - 5 c.

1.4. Haxars u ynepxusath knonky "Cmon" 24 cexynmomepa. Ilpu
Haxxaro kHonke "Cmon" 5/M TOpMO3 OTKIIOYaeTcs. Bpainas KpecTOoBHHY,
YCTAaHOBUTH I'Py3 B TaKOE€ MOJOKEHHE, YTOObl HUXKHAS MOBEPXHOCTh Tpy3a U
BEPXHUH Kpail Qiaskka HAXOAWIUCh B OJJHOW TOPU30HTAILHOM TIOCKOCTH.

1.5. Ornycruts kHonky "Cmon". /M Topmo3 Bkiarouutcs. I'py3 Oyner
yIEpKUBAThCS B 331aHHOM MOJI0KeHUH. [Ipr HE0OX0AUMOCTH CKOPPEKTHPOBATh
HOJIOKEHUE Tpy3a, Haxumas U yaepxusas kHonky "Cmon". Pekomenayercs
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NOBEPHYTHh (HIAKOK BOKPYT BEPTUKAIBHOM CTOMKM TakUM 00pa3oM, 4YTOOBI
paccTosiHue MEXIy HUM U Tpy30M ObUIO MHUHUMaJIbHBIM. [Ipum 3TOM Henb3s
mepeMelnaTh (IaKOK II0 BEpPTHKAIM, 4YTOObI 3HaueHHe Ni ocTaBanock
MOCTOSTHHBIM.

1.6. Haxares xHomky "Cmapm" 25 cekyHaomepa. 35/M TOpPMO3
OTKJIFOUHUTCS, TPYy3 HAYHET OMYCKAThCA C YCKOPEHHEM BHH3, a CEKYHIOMED

Tabmmia 2.
Bpewmst 1Br>keHust rpy30B (¢)
Ne IIKUB paguyca Ry IIKKB pajguyca R,
m; m. ms mo

1
2
3
4
5

<ty =>=ty=... | <tp>=tp=... | <UL;>=t,,=... <t,,>=tp=...

|11:... |12:... |21:... |22:...

HAa4yHET OTCUUTHIBaTH Bpems. IIpu mepecedeHMH Ipy30M ONTHYECKOM OCH
(doToaTUMKA CEKYHIOMEpP aBTOMATUYECKH OCTAHOBUT OTCUYET BPEMEHH, a 3/M
TOPMO3 BKJIIOUUTCS. Tak Kak TOPMO3HOE YCTPOWCTBO 00JadaeT HEKOTOPOM
WHEPIMOHHOCTBIO, TPy3 MOXET NEPEMECTUThCS HIXKE ONTHYECKOW OCH
(dboToaTYMKA, HO 3TO MEPEMEILICHUE YUUTHIBATH HE HYKHO.

1.7. Cpa3y mocne OCTaHOBKM Ipy3a 3anucaTh NMOKA3aHUS CEKYHIOMEpPA B
Tabnuiy 2.

1.8. IloBTopuTh omepauuu myHkToB 1.4. - 1.7. mare pa3, 3amoJIHUB
nepBbIii cronoer Tabmuipl 2.

1.9. BeIKITIOUNTH CEKYHIOMEP M BMECTO I'py3a MACCHI M1 MOJABECUTH IPy3
maccel M.

1.10. Bemmonaute onepanuu myHKToB 1.3. - 1.8. mus rpysa maccel My,
3ar0JIHMB BTOPOM cTooer Tadmuirs: 2.

1.11. BBIKJIIOYUTH CEKYHIOMEP, HAMOTATh HUTh Ha MIKUB paauyca R, n
MIPOBECTHU JIBE AaHAJIOTMYHbBIE CEpUU OMBITOB (MYHKTHI 1.3. - 1.8.) ¢ rpy3amu My u
My, 3amoJIHSSA TPETUH U YETBEPTHIN CTONONBI Ta0muIs! 2.

Boruuciienust
1.12. PaccuntaTh cpeaHuU€ 3HAYEHHUS BPEMEHM JIBUKCHUSI TPY30B A
Ka)XI0TO 3aIloJHEHHOTOo cTojioma Tabmuiel 2 W 3amucaTh UX B IOCJICTHIOIO
CTPOKY 3TOU TaOuIIbI.
1.13. Berauciuth 4eThipe 3HAYCHHs] MOMEHTa uHepimu kpecta ObepOeka
JUI BCEX KOMOHMHANMK TPy30B M INKUBOB, HCHONb3ys Gopmyny (13). s
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ynoOCTBa 3amMIleM COOTBETCTBYIOIIME BbIpaXeHHs s pacuy€toB. llepBbiii

HIKHUK uHAgeke y BenmuuuH [ u | cooTBeTcTBYeT HOMEpY WIKMBa, a BTOPOM
HIDKHUW UHJIEKC — Macce rpysa:

t?
l,,=mR (g 11 1) am

t
I, =m,R; (g 2 1) (13b)

I, =mR: (gtﬂ _1) e

1, =m,R2(%e g
22 =M, 2(2h ) (13d)

Paccunrtath CpCaAHCC 3HAYCHHC MOMCHTA MHCPIUHU <|> H IIOIrpCIIHOCTH
I/I3M€p€HI/If/’I, IMpcacTaBuB OTBCT B BUJC!:

I=(1)£Al S-i5

OI11eHKY TOTPEITHOCTH ITPOBECTH CICAYIONUM 00pa3oM. I HaX oK IeHHS

CIIy4YallHOM IOTPELIHOCTH Alcﬂyq YEThIPE BBIUYMCIICHHBIX 3HAYEHHUS MOMEHTa

UHEpIUU 00pabaThIBalOTCSI MO CXEME, MNPUHATOM JUIsi HEMOCPEACTBEHHO
U3MEPSIEMbIX BEIUYHMH (C JOBEpUTENbHON BeposTHOCTHIO 0.95). Dopmyny mis
OTHOCUTEIBHOM MNpPUOOPHON TOrpemHocTd (OMMOKH METoJa) MNOJYy4YUTh
JorapuMudeckuM MeTojaoM, mpeHeOperas B dopmyne (13) emununeii B

g’
2

BBIYMCIINTH Alnpu5 JUI KaKoro-Jnbo OJHOro U3 4YeThIpéX omnbIToB. [lonHas

MOTPEIIHOCTh Al = \/(AI cﬂyq) (AI npu6)

1.14. Paccunrare TEOpeTHUECKOE 3HAYEHWE MOMEHTAa WHEPUUU KpecTa
O06epOeka o popmysie (19).

CKOOKaX, TaKk KaK B YCJIOBHUSIX OIIbITa >>1 110 HaliJIeHHOU (opmyIie
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Ynpaxknenue 2
IMPOBEPKA CJIIEACTBHUSA (21)-(21a) U3 YPABHEHMUSI
MOMEHTOB U TEOPEMbI O ITAPAJUVIEJIBHBIX OCAX

2.1. 3akpemuTh Bce 4YETHIPE LMJIMHAPA B HOBOM IIOJIOKEHHUM TaKHM
o6paszoM, uToOkl pacctosuue |' oxkazanocs na 3 + 6 cm mensmie paccrosuus .

3anucats 3Hauenue |' B ctpoxy 10 Ta6murer 1.
2.2. Ilpoxenats onepanuu, OnMcaHHble B MyHKTax 1.3. - 1.8. Ynpaxuenus

1 s mwkuBa Ry v rpysa maccel My. Pe3ynbTaThl H3MEpEHUii BpEMEHH 3aHECTH B
Tabmuiy 3. Paccuumtarh W 3aHecTH B 3Ty ke Tabmuily cpegHee 3HAUYCHHE

' '
BPEMEHHU t22 U TIOTPELIHOCTh Atzz-

2.3. Paccuurats 3nauenus || u lg, Geps 3mauenus me, my, Ry, h, |, 17 u3

!/
Tabmuuer 1, t22 n3 TaOmuup! 2 (4eTBEPTHIN cTONOEL), t22- u3 Ta0muusr 3. s

yno6cTBa 3anumiem Beipakenus s || u lg ¢ yaérom npunsTeix 0603Ha4eHuMiA:

| =4am.(12-17?)

m,gR> ,
| = #(tzzz _tzz).

Paccuntare norpemnoctd Benvuud | u g v npoBepuTh BBIMOIHEHME
cooTHoIeHus (21a), 3anucaB pe3yabTaThl paCyETOB B BUJIE:

| =tAl Ao o

IL

Al
le = Al TE=..%
E
Pe3ynbpTaThl M3MEpEHUN BPEMEHH JABUKEHUS rpy3a Npu pacctossHud AA'
= I' (mkuB R,, macca my).
Tabauma 3.

0 Bpewms nukenus rpysa t'y,, ¢

SIFNTAIT NP

<t >=t,=..A4t'»=...
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YupaxHenue 3
(1Mo yka3aHUI0 MpenoaaBaTeis)
PACYET MEXAHMYECKOHM SHEPI'MHA CUCTEMBI
N PABOTBI CUJI TPEHUSA

[IppuMeHNM K TaHHOW CHCTEME 3aKOH M3MEHEHHUsI MOJIHOM MEXaHWYECKON
SHEpruu. I py3 HaUMHAET ABMIKEHHE C HYJIEBOW HAYAIIBHOU CKOPOCTBIO, IOITOMY
HayajgbHas KWHETHYECKas DHEpPrusi CHUCTeMbl paBHa Hym0. [Ipu HavampHOM

TIOJIOKEHUH TPpy3a (OKOJIO (IIaKKa) MMOJIHAS MEXaHHUYECKast SJHEPTUs CHCTEMBI 2]
paBHA MMOTEHUHUAIBLHOW YHEPTUH TPY3a mgh:

E; =mgh.

I[Ipu xoHeuHoM moJoxkeHuu rpysa (korga h = 0) ero morennmansHas sHeprus
paBHA HyJIO, a TIOJHAs MEXaHW4YecKas JHeprus cucrembl [, paBHa €
KMHETUYECKOW DHHEPruy. OJTa KUHETUYECKas »JHEPrus CKIAAbIBACTCS U3
KMHETUYECKOW JHEPTUHU IMOCTYNATEIbHOIO JBHKEHUS I'Py3a mv4/2 u SHEPIUHU

Bparmenns kpecta OGepoexa | @ /2:
_ 2 2
E,=mv 2+ 1712,

e V - CKOpOCTh Ipy3a IPH IIEPECEUYEHHU ONTHIECKOH ocu (hOTOmaTINKa, @) -
YIJIOBasi CKOPOCTh KPECTOBUHBI B 3TOT MOMEHT BPEMEHH. PasHOCThH >Hepruii
E>-E1 paBna pabote A HEKOHCEPBATUBHBIX CHI, a MMEHHO CHMJI TpPEHHS,
JEHCTBYIOIMX HA OCh KPECTOBMHBI M HAa OCh BEPXHEN0 BCIOMOTATEIHLHOIO
6JI0Ka B IIpoIiecce IIPOXO0KAEHHs Ipy3oM myTu N:

E,- E;= mv®/2 + 1&%/2 - mgh = A

PaGora A < 0, Tak kak ykazaHHBIE CHIJIbI TPEHHS JNEHCTBYIOT B HANPABIECHHH,
MPOTUBOMOJIOKHOM KaKJIOMYy SJEMEHTAPHOMY MEPEMENICHUI0 TOYEK Ha OCH
KPECTOBUHEI IpU €& BpameHun. PaGora cui TpeHuss A¢ yMEHBIIAET IIOIHYIO
MEXAHUYECKYIO SHEPrUI0 cUCTEMBbI. Ha mpeoposieHne TpeHus pacxoayeTcs: A0JIs
E, . 3amacéHHOM MOTEHIUALHOM SHEPIUH:

2 2
_ =m=l_mvé+la)él
o E, mgh

2
Yunteisasg, uto V=@R , V=at (a - ycxopenue rpysa), h=at’/2, npasyro uacts
MOCIENHEr0  COOTHOLIEHHS  MOXHO  3amMcaTh B CJEAYIOIIEM  BHJIE
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(pekomeHayeTCsl yOeIUThCS B ’TOM CaMOCTOSITENIBHO):

2
2h m+|2
E —g- M R 22)
mgh

ITo popmyie (22) paccunTarh OTHOCHTEIbHBIC MIOTEPH MEXAHUYECKON YHEPTUU
¥ BBIPA3uTh ux B npouentax. Jus | wcmomb3oBath TeopeTnueckoe 3HAaYEHME,
Haiinennoe mno ¢opmyne (19), a Bmecro I, mM, R moacrasuts

SKCIIepUMeHTaNbHbIE TapaMeTpsl t11, My, Ry, a Taxxke ty, My, Ry, Cpasuuts u
OOBSICHUTH TTOJTYUYCHHBIC PE3YJIbTATHI.

KoHTpOoJbHBIE BONIPOCHI

1) MHaiite ompezneneHne MOMEHTa HWHEPIUU MaTEPUAIbHOW TOUYKH H
TBEPIOrO Tea.

2) ChopmynupyiiTe TeOpeMy 0 napajulebHBIX ocsX (Teopemy [rolirenca-
[Ireitnepa).

3) Urto Ha3biBaeTCs yriaoBbIM yckopeHueMm? Kak cBsi3aHbl MEXIy cOOOM
JIMHENHOE U YIJIOBOE YCKOPECHUS?

4) JlaitTe onpeaesieHUs] MOMEHTA CUJIbl OTHOCUTEIILHO OCH KaK BEKTOPHOU
BenuuuHbL. Kak HampaBieH BEKTOp MOMEHTA CHJIBI 110 OTHOILIEHHUIO K BEKTOPY
CUJIBI U panyC-BEKTOPY?

5) HamummTe OCHOBHOE YypaBHEHUE JMHAMHUKUA BpallaTeIbHOIO
JIBM>KEHUSI TBEPJIOrO Tela -- YpaBHEHHWE MOMEHTOB, TO €CTh CBSI3b MEXKIY
VIJIOBBIM YCKOPEHHWEM TBEPIOro Tela M MPUIIOKEHHBIM K HEMY MOMEHTOM
BHEIITHUX CHJI (B BEKTOPHOU (hopMe U B IMIPOEKIIMU HA OCh BPAIICHU).

6) IlepeunciuTe OCHOBHBIE YAaCTH HKCIIEPUMEHTAJIbHOW YCTaHOBKHU
"Kpect OO06epbOeka". Kakue dYacTu yCTAaHOBKH COBEpIIAIOT BpallaTeIbHOE
JBH>KEHUE, a KaKue MOCTynaTeabHoe?

7) Kak HaliTu yCKOpeHHe a rpy3a, BUCSIIEr0 Ha HUTH, 3Hasi Bpems t ero
JBYDKEHUS M ITyTh N, KOTOPBIi OH mpormén?

8) Kak MO>KHO U3MEHUTh MOMEHT UHepIuu kpecta OdepOeka?

9) IloueMy B OTCYTCTBME CUJIbI HaTsKeHUsT HUTH KpecT OOepOeka B
J1000M MOJIOKEHUH HaXOJIUTCS B COCTOSTHUM PaBHOBECHS?

10) IMouemy B ypaBHeHMH MOMEHTOB (5) OTCYTCTBYIOT MOMEHTBI CHJI
TSOKECTH M PEAKIIUU OTIOPHI, IeHCTBYIONIUX Ha KpecT O0epOeka?

11) Yemy paBeH MOMEHT HMHEPIHMH OIHOPOJHOTO CTEPXHS MIUHBI | u
Maccbl M OTHOCHUTEJIIBHO OCH, NMEPHEHAMKYJSIPHON CTEPKHIO U IPOXOISALIEH:
a) yepes cepeinHy CTepKH; D) uepe3 KoHeI CTepKHs?
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IIpumeuanue. Tak kaxk "Kypc obmeit ¢uszuxku" WM. B. CaenbeBa
MHOTOKPAaTHO Mepen3aaBajcs, MpU MOArOTOBKE K 3aJau€ MO>KHO HCIOJIb30BaTh
U JIpyrue u3faHusi Kypca, He yKa3zaHHbIe B paszjene «Jlurepatypay. [lpu stom
cienyeT oOpaTUTh BHUMaHUE, YTOOBI cojiep:kanue naparpadoB ObLIO TAKUM K€,
KaK B cChlIKax 1) u 2).
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